1. List a set of variable that they are likely to be cointegrated?  What is the rationale behind it?
You may list as many variable as you desire but at least two of them needs to be I(1).  These variables should be related within a framework suggested by an economic theory.

For PPP: exchange rate, local prices and foreign prices


Uncovered interest rate parity: exchange rate changes (%), domestic and foreign interest rate.  The danger is that you may not be able to find 2 I(1) series.  Usually short term interest rates are I(0) but long-term rates are I(1).

The most common one is money demand: M, interest rate, exchange rate, ip, and prices.  You may ignore M within reaction function literature. 
2. Perform unit root tests for the corresponding series.  Why do you expect from the unit root? Which unitroot tests that you have in your mind?
Perform ADF, PP, ERS, KPSS unit root tests for all the series.  I urge you to look at 

a. Log level with constant

b. Log level with constant and trend

c. Log first difference with constant.
For rates (like interest rate, inflation rate etc) you do not need to take logs. 

The picture will not be all black and white.  If you cannot reject the null (for the null of unit root) or reject the null (for KPSS), the series might be non-stationary or may be there s a structural break.  You may need to check that
3. Perform cointegration tests (Engle and Granger, and may be Johansen)
4. What is the cointegrating vector (or relationship)?  How many alternatives that you have?
5. Could you estimate the Error Correction Model?  Interpret the parameters. What do you find?

